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% namvis do&trinam de lineis fecundi.ordinis five.de
& Sectionibus Conicis uberrime traftaverint & ve-
teres & recentiores Mathematum Doétores, eo vide-
. licet ex fundamento, quod tam feepe in explicationi-
bus phaenomenerum naturalium accurrant, ut iis maxi-
me quafli deleétari videatur natura; minime tamen af-
febtiones omnes atque proprietates harum linearum i-
ta funt determiaate, ut tota haec difciplina abfoluta
jam ftatui posfit. Problemata etenim .omnia a cal-
culo integrali pendentia, nondum fatis «cognita dici
posle vel ex eo :intelligitur,.quod ipfle calculus ita fit
.comparatus, ut regulee quae hactenus .invente funt,
generales nuncupari non posflint. Ex his itaque vis
detur, do@rinam linearum fecundi .ordinis, elegana-
tem omnino pracbere materiam vires :artesque -Geo-
metrarum exercendi, quapropter etiam,-exercitinm
academicum edicuri, naturam nobis propofuimus in-
weftigare lineze curvee, quam Traftorize nomine in-
fignire folent Mathematici, & ejus eft indolis, ut du-
A 2 Cta
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é&a’ e quovis publto® in: cueva data’ (quam qui=~
dem in fequentibus Se@&ionem quandam Conicam’ es-
fe fupponimus) linea’ quadam' reta, hiaec ipfa Cur-
vam- perpetuo tangat,-juvéniles: noftros- conatus: cenla
furse B, L. jam fubmittentes.-

§. a2

Si fuerit ATL (fig. 1) curva qussdam’ data; &
qua ita dufta fit linea recta 7°/7, ut aliam curvam:
Mim perpetuo- tangat, curva Mm Traftoria dicitur i~
plius ATL, & ad relationem inter coordinatas hu~
jusce Traltoriee inveniendam, fequens nobis commo-
dislima videtur methodus. Sit videlices C centrum
circuli ofculatorii curvee 47 in punfto T, fumto-
que punéto ¢ infinite proximo ipfi 7, ducantur radii:
curvaturee CT & ct, atque demittatur ¢k ita ut ad:
angulos reftos infiftat lineee /7. Ductis' deinde
mt VT & nt; tangentibus curvarum Mm & ATL,
fit ¢ punétum occurfus tangentium 7'M & im, atque
Q ipforum VT & ¢, jungantur puncta Q & g, eritque,
pofito >IVI'M = v, dv=ntq- NTg=ntqg-1Qq-+1tQq- NTg
=tgQ + (tQq-NTg =) QT— NQt = tgT- NQ¢
=tqT-tCT; eflt enim £gQ 4+ QqT=tqT atque tCTQ.
quadrilaterum, cujus anguli 7'& ¢ funt redti,- adeo-
que>tCTH>tQT=180°=>tQT +> N Qt, unde
>tCT=>NQst Pofitis Snv=0, 4T =s, Ft=ds,
M T=t,CT=r & Sin tot. = 1, erit in A tk7T reGangu-
lo 1:Q::ds? th= Qds, pariterque in A tkg reCtangu=

1o



"l Al ok T

To' ob' > £9 infinite’ parvum, #: @ds ::22 Stqgh= ods,
L

ac inA'reftangutos O 7, exiftente™ ¢ CTinfinite parvo,
redsei1:>tCT=45, unde dy =>tq T->tCT= @ d s ds,

Erat autem Sz'f_z v =rcp', adeoque d@=Cofv dv:dv\/tr?é;

ergo dv = 7=+ Comparatis vero jam hifce dy va-

S d
: ) ' d
loribus, habebitur 17;@ o %i — ;’ Eft vero

preetereaind ¢ Threftangulot T Th::1:(cofv.=) Vi-0*
unde Th=ds Vi-¢> atque Th=TM-+MUm-tm, &
hinc pofito Mm=dz, Tk=t+4dz = (t-+dt)=dz-dt,
adeoque ds Vi - ¢* = dz-dt, Dulis denique PT, pt,
JI R & mr normaliter in AR, atque ST parallela i-
pfi AR, erit pofitis AP =%, Pp= di, PT=u,AR=x,
Rr=dx, RM=y, mo=dy & MS=y-u, ob &
MTS &35 A Momy UT : MS: s Mm: Mo, feu
tiy-uc:dz:dy, unde £= ( ;)__i;;. His vero jam

. b s d . @ds ds .
tribus sequationibus "17—1;9'53 = @,«s =y ‘;.*3 CAYS

dsVi-@*=dz-dt (B), &t = (2—-3) ds (C), cogni-
y

ta infuper sequatione Curvee datee, & determinata
alterutra quantitatum @ vel #, dabitur relatio inter
eoordinatas Tra&orie quefitae, quae feorfim pro qua-
vis, {ectione Conica nobis jam eft inveftiganda.

A3 §. 3
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§. 2
Sit Linea ATP (Fig. 2) re&ta, atque M'T=#

tangens Trafloriee, quem quidem .conftantem "fuppo—
nimus =4, & Sm M TP=0, PM=y,mu=dy, 4P=x&
Pp =dx, Comparatis jam equationibus .(A) & (B)

_ bdo oD d
habebitur ds = : = _—"3—2 s feu
Ldo

= dz)|exiltente wvidelicet pro linea refta 7
= o0 , & allumeo tangente £ conftante evanefcunt

. f ¥ . -
quantitates & 4¢. (Quo autem determinetur quanti-

tas @, relumatur zequatio (C), quumque pro li-
nea reta fic 4 = 0, habebitur / = y 4%, unde dz = bdy

L =
iadeogue %— = ,b;_y_, {eu dg = '-?;’ & peradta
integratione Log @ = Log y 4+ Log C, & transeun-
do a Logarithmis ad .quantitates abfolutas, @ = Cy.
Jam vero quantitas ifta corrigens eft determinanda,
eo ex fandamento, quod fi fuerit p=1, eritb =y a-
deoque habebitur @ =-y. Invento autem valore i-

' b

plius @, i fubftitnatur i.n equatione %@ SRy £e
ruitur b dy = dz = VZr'd-dy*, unde denuo d%

¥
- M.J.’.. Hujus autem equationis integrale,

B F 2 3
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qud fziclhus' innotefcat, fratuater’ VIF—y= = p,

. . z __i— 2 - Sou 207

ot Lo Vb 3 }";f; eft vero _“—"Ufipnﬂ

di—— H o, , |

f P [) dp — p + z b LOg. g_]_:’ V ergo L P
b 2Ly eyt

e -,,--J-r-,-,=' VI b Loge g YT
Haee equatio jam' exhibet relationem inter coor-

dinatas Traétorize, que hoc in cafu;, quo' linea 47" re-
&a eft, fimplex vocari folet..

Quod' ad re&ificationem’ curvee jam inventze at-
tinet, facillime ope formulee generalis Vdx*Fdy*
inveftigari poteft. Habuimus enim {upra dx=

=dyVb> — y*yunde y/d x*+dy* =bdy; atqueflfa’x-z-]—t{y?
L L s ity

: J
=b Loé y—+C

Quadraturam Curvze noftrae ex quadratura Cir~
culi pendere, cuique apparet. Erat enimax=dyy/}=y?,

P y
adeoque’ elementum’ areze ydx =dy Vb -y*, quae qui-
dem expresfio, in ferlem infinitam’ reioluta dabit:
bdy—ydy-—ya’v'— Fodyi=—=" 5 9 oyestin;

. 363 y— 16 15; ::357
_y__ S oo SIIE A
adeoque ,/g;dx by : 4ob3 .-;Z"E} 1152 b7 &e.

quam formulam: F-’Sfe areze quadrantis Circuli' radio:
& defcripti notisfimum: eft, _
' Sii



”_',...._-...1..-_“.4..“..._7
.
I3



¢ P.v L @

Si vero defideretur Solidum ex revolutione Tra=
¢toriee fimplicis circa axem genitum, absque proli-
xo calculo illud determinari potelt, pofita ratione
Diametri ad peripheriam ut I: 7. Nam formula ge-
peralis pro inveniendis folidis ex revolutione cirea
axem genitis = Jom 1 y” dx, redigitur facta debita fubfti-
tutione in hanc formam [27ydy y/b* —37 , cujus inte-
grale C—2r (“—y )% iplum exhibet folidum. Pariter

hajus Solidi fuperﬁues retenta eadem propottione
inter Diametrum Circuli & ejus perlpherlam ope for-
mule generalis /27y Vdx*-Fdy* eruitur, erit enim
j27rj Vdx*—dy* f2m5£ij_ wby.~+C.

Quod fi vero tangens quem in folutione Proble-
matis noftri conftantem fuppplw.mus fuerit le‘labllls,
infinitas utique Traftoriarum fpecies, pro diverfis i-
plius Tangentis valoribus oriri, neminem fugit. Ne-
{tras autem jam allatas zequationgs (A) (B) & (C)
ad sequationem Traforize inveniendam fufﬁcere, per-
fpicunm eft; fed ipfum calculum, quo nimiam evite-

mus prolixitatem, omittimus,

- Pofite angulo /TP conftante, nulla quidem da-

d
tur Tratoria; eequatio etenim (A) 17'1-—@?‘ = ,‘Pa’s Ts.

P*
kit polite @ conftante, @cis' = 0, adeoque Tra&orla

fecundum methodum quam fupra adhibuimus, deter-
minari nequit.

Schol.



